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Noi dung

0.1 — Dinh nghia, cach tinh tich phan boi ba

0.2 —Toa do tru
0.3 — Toa dd cau
0.4 — Ung dung hinh hoc

0.5 — Ung dung co hoc



I. Pinh nghia, cach tinh tich phan boi ba

f = f(x,y,z) xac dinh trén vat thé dong, bi chin E

Chia £ mot cach tiy y ra thanh n khoéi nhé: Ej, E,,.... E, .
Thé tich tuong tmg mdi khoéi V(E)),V(E,),...,V(E,).
Trén moi khoi E; lay tuy y mot diém M, (x;,y;,z;).

Lap tong Riemann: [, = i f(M.)-V(E,)
i=1

I = lim I,,, khong phy thudc cach chia E, va cach lay diém M,

n—>+00

I = jg f(x,y,z)dxdydz

duoc goi 1a tich phan boi ba ctia f=f(x,y,z) trén khoi E.



I. Pinh nghia, cach tinh tich phan kép

linh chét ciia tich phan bo1 ba

1) Ham lién tuc trén mot khoi dong, b1 chan, c6 bién la mat tron tung khuc
thi kha tich trén mién nay.

2) Vi = ||| dxdydz

E
3) jga - f(x,v,2)dxdydz :afg f(x,y,z)dxdydz
4) jg (f + g)dxdydz = jg fdxdydz + jg gdxdydz

5) Néu E duoc chia 1am hai khoi E, va E, khong dam 1én nhau:

fg fdxdydz = ([[ fdxdydz + [[[ fdxdydz

Ey E

6) V(x,y,z)€E, f(x,y,2)< g(x,y,z)= I}{Jf < I}{jg




1h 1y (Fubini) I =[[[ f(x,y,z)dxdydz
E

4n tich khoi E: Chon mit chiéu 1a xOy. ===

fat phia dudi:  z=z(x,y)

fat phia trén:  z =z, (x,y)

inh chiéu: Pry,, E=D

= j}g f(x,y,z)dxdydz

_ZZ (.X',y)

[ f(x,y,2)dz {dxdy

4 (.X',y)

q
o —

Hinh chiéu: [




idy

“inh tich phan boi ba [ = [[[(x + z)dxdydz trong d6 E 1a vat thé giéi han boi
E

szry2 :1,Z:2—x2—y2,Z:O

inh chiéu cta E xudng 0xy:

D:x2+y2£1

VMt phia trén:  z,(x,y) =2 - X =y’

Mat phia du6i: z=0

P _
I= | | (x+2z)dz [dxdy

x> +y%<l 0




~ L2-x2—y?

2
I= | Xz +— dxdy
x2+y2£1_ 2 dlo
2 232
I= | x(2—x2—y2)+(2 X =)) xdy
x2+y2£1 2

2 2\2
I= | (2=x"=)7) dxdy  Doi sang toa do cuc.

x2+y2£1 2
2
o 1(2—r?
I= jdgpj( ) rodr =17



idy

‘inh tich phdn bdiba [ = [[[ zdxdydz
E

trong d6 E 1a vat thé giéi han boi

y=1-x,z=1-x" va cac mit phang toa do, (phan z>0)

[inh chiéu cua E xudng 0xy:

Tam giac OAB
Viat phia trén: z,(x,y)=1- x*
Mat phia dudi: z=0

2
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= [[ | | zdz dxdy
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I= [ | | zdz {dxdy
AO4B| 0

AOAB| 2

AO4B 2
2
I x(1—x?
I[=[dx | ( ) dy U

0 0 2 60



idy

inh tich phan I = [[[(2x +3y)dxdydz trong d6 E 1a vat thé gi6i han boi
E

y:\/;,Z:l—y,x:O,Z:O.

Mat phia trén: z=1-y
Mat phia du6i: z=0

Iinh chiéu ctia E xudng Oxy:




