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TINH HUONG KHO'l PONG
Loi nhuan t6i da
Cho ham lgi nhuan ctia mét cong ty dbi véi mot san pham la
M=R-C=PQ-wL-K
Trong do IT la Igi nhuan, R la doanh thu, C la chi phi, L la lwong lao dong,
w 1a tién lwong cho mét lao déng, K 14 tién vdn, r 12 13i suat cta tién von,
P 1a don gi4 ban san pham.
Vi du: Gia s Q 1a ham san xuét Cobb — Douglas dang Q = L3, K13
Xeét trwong hopw =1,r=0,02, P = 3.
Khi dé ham lgi nhuan tré thanh: IT = 3L1/3. K1/3 — L - 0,02K

Tim L, K dé loi nhuan dat t6i da?

(Goi y: str dung dao ham riéng cap 1 va dao ham riéng cap 2 cho ham II)
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MUC TIEU BAI HOC

* Nam duoc cac khai niém vé ham nhiéu bién, dao ham riéng, vi phan, cwc tri ham nhiéu bién.

¢ Lam dwoc bai tap vé ham nhiéu bién, dac biét Ia phan cwc tri ham nhiéu bién.
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CAU TRUC NOI DUNG

Gidi han va tinh lién tuc cia ham sé

Pao ham riéng va vi phan cap cao

Cuec tri cGla ham nhiéu bién
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FTU-TOPICA

4.1. GIO1 HAN VA TiNH LIEN TUC HAM SO
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4.1.1. KHAI NIEM HAM NHIEU BIEN

a. Khai niém
* Pinh nghia: Cho D (khac réng) 1a mét tap con cla khéng gian R2. Ta goi anh xa f: D — R® xac dinh bdi
(X Xosee0s X)) €D > U =f(X,X5,...,X,) € R
la mot ham n bién s xac dinh trén D. Diém M(X,,X,,...,X,) € D nén ta co thé viét ham u = f(M), M € D. Tap D
goi la mién xac dinh.
Mién gia tri cia ham s6 u = f(M) |a tap tat ca cac gia tri cia ham sb khi diém M bién thién trong mién céc
dinh D.

* Vi du: Ham s6 2 bién s6 z = f(x,y) = y/1- x* —y®. Midn xac dinh D I mét trdn x2 + y2 < 1, tm O bén kinh 1.
Mién gia tri 1a doan [0;1].
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4.1.1. KHAI NIEM HAM NHIEU BIEN (tiép theo)

Do thi cia ham hai bién

DPinh nghia: D6 thi cia ham sb z = z(x,y) 1a tap hop tat ca cac diém M(x,y,z) trong khéng gian R3, trong do
(x,y) 1a toa dd clha diém M thudc mién xac dinh D va z |a gia tri ciia ham sb tai diém do. D6 thi ciia ham hai
bién sb 1a mét mét trong khéng gian ba chiéu R3.

Vi du: D thj clia ham s& z =2z(x,y) = y/1- X2 - y?

nam trong ntra khéng gian z = 0.

|a ntra mat cau c6 tam tai gbc toa do O va ban kinh R = 1,
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4.1.2. GIO1 HAN HAM NHIEU BIEN

* Pinh nghia: Ta noi day diém M (x,,y,) dan t&i diém My(Xo,Yo), Viet M (X,,Y,) = My(Xe,Yo) hay M, — M, néu

lim d(M,,,Mo) = lim y/(x, —X0)? + (¥, —Yo)? = 0.
n—oo N—0o0

* Pinh nghia: Cho ham z = f(x,y) xac dinh trong lan can U nao dé cta diém My(X,,Y,), O thé triv tai M,. Ta noi
ham f(x,y) c6 gidi han 1a L khi M(x,y) dan dén My(X,,Y,) khi va chi khi moi day diém M, (x...y,) = M, ta déu c6
lim f — L. i & im f(x,y)=L ha lim f(M) =L
lim f(xy,y,) =L Taviet  lim = (X,y) yoam (M)

) . . In@+x®+y?
Vidu: Tim lim ( 5 4y )
(xy)>(00)  X°+y

_ ) A . In1+x%+y*) . In(l+t)
Khi (x,y) > (0:0) thit=x2+y*—>0nén lim = [im———~ =

1
(xy)>(00)  x*+y? t>0  t
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4.1.2. GIOI HAN HAM NHIEU BIEN (tiép theo)

Tinh chat caa gi®i han
Dinh ly: Gia s f(M), g(M) la hai ham s6 c6 gi¢i han khi M — M,. Khi do

lim [f(M)ig(M)]:Mlmof(M)iMlim g(M)

M—)MO —)MO

lim :kf(M)]:lem f(M) (k Ia hang sb)
—Wlg

M—)MO

lim [f(M)g(M)] = Jim f(M). lim g(M)

M—)MO

im f(M)
jim JM) _ Mo,

MM g(M) lim g(M)
—WMp

néu Mlmo gM) =0
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CAU HOI TRAC NGHIEM

Gi6i han caa day diém {Mn (ni 2”;3} khin — oo 1a:
A. (0.0)
B. (0.-2)
C. (0,2)

D. khdng co gi¢i han

* Dé&p an dung 1a: (0,2)

c Vi lim— =0 lim 23 - o
n—o N Nn—o0 n
=M, —(0;2)
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