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Lo1 ndi diu

Lam sao dé minh cdm thiy tw tin, vitng vang khi burdc vdo cdc ky thi? chic cac ban
hoc sinh rit bian khoan va tran tré véi cau hoi nay khi ky thi tuyén sinh dai hoc, cao
dang dang t&i gin. Cac ban hoc sinh rat cAn mot tai liéu tin ciy, phong phu dé 6n
luyén va kiém tra kién thirc cia minh dé tham gia cac ky thi mot cach tot nhat.

Nham dap (rng nhu ciu do, cudn sach Cu tric dé thi Pai Hoc & Bd dé tuyén sinh xin
tran trong gi¢i thiéu téi ban doc, nham gép mot phan nho sw chuin bi kién thirc dé
cac ban dwoc tu tin khi bwéc vao Ky thi. Vi cau tric ciia cudn sach nhw sau:

Phin I: Ly thuyét 6n tip nhanh, dwoc tac gia bién soan theo ciu truc dé thi cta
Bd Gido Duc & Dao tao. Nham gitp cac ban doc hé thdng lai cac kién thirc va ky ning
gidi todn mot cach don gian va hiéu qua nhit.

Phdn II: Gidi thiéu 15 dé thi dai hoc, cao ding mén toan khéi A, B, D tir ndm 2008
téi 2011 cua bo gido duc va dao tao.

Phan [II: Dé ting thém sy da dang va phong phd cda dé thi theo phwong phap ra
dé m&i cda Bo Gido Duc & Pao tao, tac gia gidi thiéu téi ban doc 15 dé thi ma do tac
gia bién soan va chat loc rat kj cang nhiéu dang toan dworc gidi thiéu tdi ban doc.

Phdn IV: Dap an va thang diém chi tiét. Trong phan giai tac gia da chon ra nhiéu
cach giai khac nhau véi mong mudn c6 sw phong pht va da dang vé cach giai cho ban,
cac ban c6 thém tham khao thém va rut ra kinh nghiém cho minh.

bé str dung cudn sach dworc tot va hiéu qua nhat, dé nghi cac ban doc hay ty minh
lam hét kha ning sau d6 méi tham khao cach giai va tw chAm diém cho minh bang
cach tham khao thang diém ma tac gia dwa ra. Néu minh c6 sw chuln bi t6t vé kién
thirc thi nhin lai dé thi dai hoc cac nam sé khong c6 gi 1a qua khé khan.

Mdac du da danh nhiéu thoi gian va tdm huyét cho cudn sach, xong khong tranh khoi
nhirng thiéu sot. Tac gia rat mong nhin dwgc sy gép y ciia ban doc dé 1an tai ban sau

dwoc hoan thién va day da hon.

Trén trong !
Tac Gia.
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PHAN L.

1. PHAN CHUNG CHO TAT CA THi SINH ( 7,0 diém ).

Caul (20diém ).
1. Khao sat sy bién thién va vé do thi ham sé.

e Dang dd thi cia ham bacba: y=ax’+bx*+cx+d (a=0)

CAU TRUC DE THI TUYEN SINH PAI HOC, CAO DANG.

Tinh chait.

a>0

a<o0

Phwong trinh

y'=0c0 hai

nghiém phan
biét.

Phwong trinh
y'=0vo0
nghiém.

003302412

T=K3H02-4x82

Phwong trinh
y'=0c¢o
nghiém kép.

X330 243

03300361
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e Dang dd thi ham tring phwong: y =ax’+bx*+c (a=0)

Tinh chit.

a>0

a<0

Phwong trinh
y'=0c6 ba
nghiém phan
biét.

e

[

Phwong trinh
y'=0c6 mot
nghiém.

i)

e Dang d6 thi ham nhitbién: y =

ax+b
cx+d

TXD:DzR\{

d

c

}

Tinh chit.

ad—bc>0

ad—bc<0

Phwong trinh
dao ham
. ad-bc

B (cx+d)2

f9=0D)(2¢1)
912
05

2. Nhitng bai toan lién quan.
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Dang 1. Sy twong giao cta hai d6 thi.
Chohamsd: y =f(x) (C,) vay =g(x) (C,)
a. Phwong trinh hoanh d6 giao diém cta (C ) ( ) la: f ( ) ( ) ( )
- (*) c6 1 nghiém x, < (Cl)vé (C )cat nhau tai diém M(x f(x ))( tiép xdc nhau tai
dié’mM(x £ (x, )) )
( )VO nghiém <:>( ) ( )khong c6 diém chung.
( )co knghiém x < (C ) va ( )cat nhau tai k diém.
b.Sw ti€p xic clia ( )v ( )
(C,)va (C,) tiép xtic véi nhau {f,(x) -8 (X) c6 nghiém Ia x, . (x, 1 hoanh db tiép xtic ).

f(x)=g(x)

Dang 2. Phwong trinh tiép tuyén.
Chohams6:y = f(X) (C)

a. Phwong trinh tiép tuyén tai.
Phwong trinh tiép tuyén cia doé thi ham sé (C) tai M (X();yo) codang: y =T (X()) (x - Xo) +Y,-

f (XO) 12 hé s6 goc cua tiép tuyén.

b. Phwong trinh tiép tuyén di qua.
Phuwong trinh ti€p tuyén ctia d6 thi ham so (C) diqua N (X13y1) codang: y =k (X — Xl) +y, (A)
f(x) = k(X—Xl)-i-yl

f'( ) I (1) c6 nghiém.
X)) =

.k1a hé s6 goc cua tiép tuyén. Dé (A) la tiép tuyén cta (C) = {
Giai hé (1) tim k roi thay k vao (A) do la tiép tuyén can tim.

c. Phwong trinh tiép tuyén song song.
Ti€p tuyén ctia ham s6 (C) song song v&i dwong thang (A) y=k,x+bnéncé f (xo) =k . Gidi tim

x,r0i thay vao ham s6 (C) tim y = phuwong trinh tiép tuyén can tim.

d. Phrong trinh tiép tuyén vudng géc.
Tiép tuyén cud ham so (C) vudng goc voi duong thang (d) y =kx+bnéncé f (x()) k, =-1.Giai

tim x roi thay vao ham s6 (C) tim y = phwong trinh tiép tuyén can tim.

Dang 3. Tim m d€ ham d6ng bién, nghich bién.
e Hambacba: y=ax®+bx’+cx+d TXP:D=R
y =Ax*+Bx+C
N N 3N Y N N 9 A A ! A > O
- Ham s6 dong bién trén D (ham tang tréntap )<y 20VxeD < {A >0 (A' S 0).
y =0 tai mot s6 hitu han X,
\ ~ . N A N . A A ' A < O
- Ham s6 nghich bién trén D ( ham nghich tréntap )<y <0VxeD < {A <0 (A' < O)'
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y =0 tai mot s6 hiru han x,

ax+b

e Ham nhatbién: y=
cx+d

TXD:D:R\{—Q} \y =-2d=be

C (cx+d)

- Ham s6 dong bién trén D (ham ting tréntip ) <y >0VxeD <ad—-bc>0

- Ham s6 nghich bién trén D ( hAm nghich tréntip )<y <0 VxeD «<ad-bc<0

2
e Ham hi ty: y = X FX+C TXD:D:R\{—E}
dx+e d
. AX*+Bx+C
(dx+e)*

A>0

A20 (A'20)
A<O0

A<0 (A'<0)

- Ham s6 dong bién trén D (ham ting tréntdp )<y >0 VxeD < {

- Ham s6 nghich bién trén D ( ham nghich tréntip ) <y <0 vxeD < {

Dang 4. Cuec tri tai 1 diém.
Cho ham s6 y =f (x).
o Diu hiéu 1.
D& ham c6 cyec tri tai X, < (X,)=0 c6 nghiém ddi ddu qua f (x).

o Diu hiéu 2.

bé ham c6 cuc dai tai x, < {f"

f
bé ham c6 cuc tiéu tai X, <1 |
f (X,)>0

Dang 5. Tim m dé ham sé cé diém udn.
e Hambacba: y=ax’+bx’+cx+d TXP:D=R
Ham s6 c6 diém u6n néu phuong trinh y =0 ¢6 1 nghiém.
< Cae o [T(X)=0
biém U(X,;Y,) 12 diém uén cia ham s§ < :
Yo =T (Xo)
e Ham trung phuong: y=ax* +bx’+c TXP:D=R
Ham s6 c6 diém udn néu phuwong trinh y =0 c6 2 nghiém phan biét.

Ham s6 khong c6 diém uén néu phuwong trinh y =0 v6 nghiém hay c6 1 nghiém kép x =0.

Dang 6. Toa d6 diém nguyén.

. ax +b
Chohamso: y = C).
Y cx+d ( )
Buéc 1: Thuc hién phép chia da thirc cia (C) tadwoc y = A + B
cx+d

Buwérc 2: Dé (C) c6 toa d6 diém nguyén thi phai nguyén = B chia hét cho

cx+d (cx+d lawéc ctiaB) tir d6 im dwoc x , x,... thay vao (c) tim dwoc y .y, ...
Budc 3: Két luan cac toa do diém nguyén M, (X15Y1) M, (X2;y2)

Dang 7. Bién ludn s6 nghiém cta phwong trinh.
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Chohamso:y = f(x) (C)
Dwa vao (C) dé bién luan sé nghiém cua phwong trinh F (X;m) =0 (*)

Buwérc 1: Bién doi (*) sao cho vé trai giong nhw do thi (C) ,vé€ phai dit la dwong
théng(d) y = g(x; m).

Buéc 2: SO nghiém cta (*) chinh 1a s6 nghiém ctia hoanh d6 giao diém cta (d) va (C) :

Buwéc 3: Lap bang gia tri dwa vao d6 thi (C) = két luin. (c6 thé khong can ké bang).

Dang 8. Tim diém ¢§ dinh ctia ham s6 y=f(x) (C,,)
Dw vao phwong trinh dang: mMA =B ; (C,,) qua diém c8 dinh (X;y) <> mA = Bth6éa man

A=0 e x
vm < {B 0 Giai hé phwong trinh trén ta tim dwoc cac diém co dinh.

Dang 9. Bai toan vé khoang cach.

2

Cho 2 diém A(XA;yA)) va B(XB;yB) = Khodang cich gitra ABla: AB = \/<XB —XA)2 + (yB - yA)
Khodang cach tir mdi diém M(X,;y,) dén dwong thing (A): Ax+By+C=0 dwoc tinh theo
A%, +Bx, +¢]
N/ =2
Trwong hop dac biét:

(A):x=a=d(M,(A))=|x, -4
(8):y=b=d(M.(4))~ly, b
Téng khoang cach d(M, (Al)) + d(M,(AZ)) ,tich khoang cach d(l\/l,(Al)).d (M, (AZ)) .Bai toan tong

khodang cach va tich khoang cach thwong dwgc dp dung cho khoang cdh téi cac tiém can,chirng minh
hang s6,ngin nhit,...

cong thiec: d (M, (A))

Dang 10. Bai toan vé diém thudc do thi ham s8 (C) cach déu hai truc toa do.
biém M e (C) cach déu hai truc toa dd khi |y,,| =|x,,| < y,, = £X,, ta lan lwot gii cic phwong trinh :

f(x)=xvaf(x)=—x tim dwoc x,, roi thay vao tim dwoc y,,.

Dang 11. Tim tip hop diém M.
x =k(m)
y=h(m)
Tim gi¢i han qui tich diém ( néu c6).Rdi két luan qui tich diém M1a 1 hamsé y=g(x) (C).

Xac dinh toa do M { khtr tham s6 m gitra x va y ta dwoc phuong trinh y=g(x) (C)

Dang 12. D6 thi ham s6 chira tri tuyét déi.
e DO thi ham y =|f (x)|

Tavé do thi y=F(x) (C).

Goi do thi:
- Phiatrén Ox la: (Cl) .
- Phia dwéi Oxla: (C,).

Véy :‘f (X)‘ (C) nhu sau:
- Gitr nguyén (C,) b phin (C,).
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- Vé d6i xtirng ctia (C,) qua truc ox.
e D0 thiham y=f([x|)
Tavé do thi y=F(x) (C).
Goi do thi:
- Phia phai Oy 1a:(C,).
- Phiatrai Oyla: (C,).
vey=f (|x|) (C) nhw sau:
- Gitr nguyén (C,) b6 phin (C,).
- Vé d6i xtrng ctia (C,) qua truc oy.

e Db thi ham y=%
A

Tave do thi y =7 (x)=2) (c).
Goi do thi:
- Phia phai TCB 1a:(C,).
- Phia trai TCP 1a: (C,).
Ve y:M (C) nhu sau:
X=X,
- Gitr nguyén (C,) b6 phén (C,).

- Vé ddi xtirng cta (C,) qua truc Ox.

Dang 13. Piém d6i xing.
biém M(X,;Y,)la tAm d6i xirng ctia do thi (C):y =f(x) < Ton tai hai diém M, (x;;y;),M,(X,;Y,)
X, +X, = 2X, {xz =2X, — X,

=
f(x)+f(x,)=2y, |F(x)+F(2x,—%,)=2y,
thirc ddi truc bang phép tinh tién vécto ).
Vay diém M(X,;Y,)1a tdm déi xirng ctia d6 thi (C):y =f (x) =2y, —f (2x, —X).

thudc (C) théa man { ( cdng thirc nay goi la cong

2
Dang 14. Timm dé (C,,):y = axd+—bx+c thoa diéu kién:
X+e

e Hamsd(C,,)co cwc dai, cwc tiéu ndm 2 phia cla truc ox.
Bwéc 1: Tim m dé ham c6 cyce dai cuc tiéu (1).
Budc 2: (C,,) khong cdt Ox <>y =0v0 nghiém < ax® + bx +c=0v6 nghiém < A<0 (2)
Bwéc 3: Giao (1) va (2) ta tim dwoc m.

e Hamsd(C, )coé cuc daicuc tiéu ndm cing phia clia truc Ox.
Bwéc 1:Tim m dé ham c6 cyce dai cuc tiéu (1).
Budc 2: (C,,) cat Ox tai hai diém phan biét <>y =0c6 2 nghiém phan biét

< ax? +bx+c=0 c6 2 nghiém phin biét <A >0 (2)

Bwéc 3: Giao (1) va (2) ta tim dwoc m.

Cau Il (20 diém ).
1. Phwong trinh lwong giac.
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o Hé thirc co bdn.

e 2 2
sin“x+cosx =1

tanx = S X [X ¢g+knj

COS X

COSX

(X # kn)

cotx = —
Sin X

e Cunglién két.

a. Hai cung d6i nhau:
cos (—X) = COSX
sin (—x) = —sinx

b. Hai cung bl nhau:
cos(n - x) = —CosX
sin (Tl: - X) =sinx

c. Hai cung phu nhau:

T .
cos| ——X |=sInx
2
(T
sin E—X = COSX

d. Hai cung hon kém nhau =:
cos(n + x) = —CosX

sin(n +X) = —sinx

e. Hai cung hon kém nhaug :

T .
Ccos| —+ X |=-—sInx
2
. m
SID(E-FX]:COSX

e Héqua:
cos (kn + X) = (—1)k .COSX
sin (kn + X) = (—1)k .sin x

tan (kn + X) =tanx
e (ong thirc bién doi:

a. Cong thirc cOng:
sin (X + y) = SINX.cosy + sin y.cosx

sin (X - y) = sinx.cosy — siny.cosx

t Tt
tan(xiry): anx * tany
1 Ftanx.tany
tx.coty +1
cot(x—y)zco x.coty

cotx —coty
b. Cong thirc nhan doi:

tanx.cotx =1

1

1+tan’x = 5
COS'X

1+ cot’x = — >
sin” x

cot (—X) = —cotx
tan TE—X) = —tanx
Cot(n—x) = —cotx

COt(TC + X) =cotx

tan[ngXJ = —cotx

cot(g+xj =—tanx

cos (k27: + X) = COSX
sin (k2n + X) =sinx

cot (kn + X) = cotx

cos (x + y) = COSX.COSy —sinX.siny

cos (x - y) = COSX.COSYy +sinx.siny

Cot(x+y) _cotx.coty —1
cotx + coty

Trang 9



Sin 2x = 28in X.Cos X 2tan x

tan 2x = >
COS2X = cos’x — sin” x 1 —Ztan X
) o cot"x —1
=2cos’x—1=1-2sin’x. cot2x = ———
2cotx
c. Cong thitc nhan 3:
3tanx — tan® x
. . . 3 tan 3x = 5
sin3x = 3sinx —4sin” x 1—3tan’x
3
cos3x = 4 cos’ x — 3cosx cot 3x = cot” x —3cotx
3cot’x —1
d. Cong thixc ha bac:
. 9 1 — cos2x s X 1+ cosx
sin"x = ——— cos” — = ——
2 2 2
9 1+ cos2x 9 1 — cos2x
COS'X = ——— tan" x = ——
2 1+ cos2x
. 2 X l—cosx 9 1+ cos2x
sm —=-—— cot'x =——
2 1 - cos2x
e. Cong thirc bién ddi tong thanh tich:
+ _ . o X+y . X-Yy
cosx+cosy:2cosX YCOSX2Y sinx —siny = 2cos 9 sin 5
. X+y . X—-y sin(xiy)
COSX — COSy = —28in sin tanxttany = ———=
2 COSX.COSYy
. s o Xty X—y sin{xty
sinx +siny = 2sin 5 cos 5 cotx + coby = — ( . )
sinx.siny

e Héqua:

sinx + cosx = «/gsin (X + gj cosx+sinx = x/gcos(x — g]
SinX—COSX:\/ESin[X—gJ cosx—sinxzx/gcos[x+gj

f. Cong thirc bién d6i tich thanh tong:

COSX.COSY = %[cos (X + y) + cos (X - y)} cosX.siny = %[Sin (X + y) —sin (x - y)]

. . 1 tanx + tany
SINX.Smy = —§|:COS (X + Y) — COS (X — y>:| tanx.tany = ﬁ
cotx + coty

. 1r. .
SIN X.COSy = —[sm(x +y) +sm(x —y)] cotx.coty = cotx + coty
2 tanx + tany

g. Cong thirc chia doi: Dét(t = tan g}

) 2t 2t
sinXx = 5 tanx = 5
1+t 1-t
1-+t 1+t
COSX = 5 cotx = 5
1+t 1-t
e Heé qua: Néu ta dat (t = tan X)
) 2t 2t
sin 2x = . tan 2x = >
1+t 1-t
1-+t 1+t
cos2x = 5 cot2x = 5
1+t 1—t

e Phuong trinh co ban.
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X =0+ k2

a.Phwvongtrinh sin: sinx =sina < (k € z).
Xx=7n—a+k2n

Pdc biét:
SinX:1<:>X:g+k2TE

. T
sinx=-1x=—-—+k2r

sinx =0 < x = km.

X =0+ k2

b. Phwong trinh cos: cosx = cosa < (k € z).
x =—a + k27

Pac biét:
cosx =1 x=k2n

cosx=—-1ox=n+k2n

T
COSXZO@X:§+1{TC.

c. Phwong trinh tan: tanx = tan o. (x # g + kn] Sx=o+kn (k € z).
Ddc biét:
tanx =1 < x = = + kn

tanX:—:[C)X:—g-FkTC

tanx = 0 < x = km.

d. Phwong trinh cotan: cotx = cot o. (x # kn) Sx=o+kn (k € z).
DPac biét :
cotle@x:g+kn

COtX=—1<:>X=—E+kTC

T
cotx =0 < x =—-—=km.

e Phwong trinh b4c n theo mot ham sd lwong giac.
Cdch gidi: Pat t = sinx (hodc cosx,tanx, cot x) ta c6 phwong trinh:

at'+a t"7" +..+at’ =0 (nfu t=sinx hodc t = cosx thi diéukiénciat:-1<t<1)

e Phwong trinh b4c nhit theo sinx va cosx.
asinx + bcosx = c. ab#0

diéu kién c6 nghiém : a’> + b*> > ¢’
Cdch gidi: Chia 2 vé& phwong trinh cho va® + b” va sau d6 dua vé phwong trinh lwgong gidc co ban.
e Phwong trinh dang c4p bic hai d6i véi sinx va cosx.
asin’ x + bsinx.cox + ccos’ x = d.
Cdch gidi:
. T PPV A A
Xétcosx =0 x = 5 + kn c6 phai la nghiém khéng ?

Xét cosx # 0 Chia 2 v& cho cos’x va dit t = tanx.
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e Phwong trinh dang.
a.(sinx + cosx) + b.sinx.cosx = c.

Cich gidi :Dit t = sinx + cos x = Jisin(x iﬂ;(DK N \/5)

2 2

hodc sinx.cosx =

= SINX.CcosX =

2. Phuong trinh, hé phwong trinh va bat phwong trinh.

e Phwong trinh — B4t phwong trinh chita tri tuyét déi.

*‘a‘:{akhi.az() *az‘—a‘ Va € R.

—a khi a<0

*\a\:\b\@{zjb ol < (bzo)c{z

* a‘Za Va e R *lal<b < b>0
‘a‘Z—a ’ -b<acx<

*a‘>b @{ZZEb *(au‘)Qza2 Va € R.

*a‘+‘b‘2‘a+b‘.D§ngthfrccé < ab>0. *

e Phwong trinh - Bt phwong trinh vd ti.

* Phwong trinh: f(X) — g(x) - {g (X) >0

e Hé phwong trinh.

a. Hé phwong trinh bic nhit hai 4n.
ax + by =c
ax+by=c

D =

’ X

a
Theo dinh thi&tc Crame: D=, C
' a b ¢ b

D
*Néu D # 0thi hé c6 nghiém duy nhit: x = —=;y = 6}

w)

*Néu D=D_=D_ = 0thih¢vo s6nghiém : ¢ —ax

b

va gidi phwong trinh bac 2 theo t.

. Trong d6 a,b,c,a,b,c 1a cac s6 thuc khong dong thei bang khong.

a— b‘ > ‘a‘ - ‘b‘ DPiang thirc c6 <> a.b > 0.
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D=0
*Néu <| D_# 0 thihé da cho vd nghiém.
D #0

b. Hé phwong trinh di x&ng loai I.

Cho hé phwong trinh {;((};};)) ::1 (I)

Cdch Gidi:Pat S=x+y ,P=xy ,DK: §°—4P >0

F(S;P)=0 (
(I) = {G((S P)) 0 giai hé tim dwoc S,P . Khi d6 x,y 1a nghiém ctia phwong trinh: X* —SX + P = 0.

tim dwgc nghiém x,y xem xét diéu kién va két ludn nghiém.

c. Hé phwong trinh d6i xitng loai II.

Cho hé phwong trinh: {i E};i; Z i (II)
Cdch Gidi: Trlr hai phwong trinh ctia hé cho nhau ta dworc :
X =
g(xy) =

khong roi thay vao 1 trong 2 phwong trinh cta I, két ludn nghiém néu cb.

f(x; y) —f (y;x) =0< (x — y) g (x; y) =0 xét xem phwong trinh c6 nghiém

d. Hé phwong trinh dang c4p.

Cho hé { E ,y; (*) Trong d6 f(x,y) vag(x,y) dang cdp bac k goi 1a hé dang cap.
7X =

Luu y: Hé (*) goi la dang cdp bic k néu cac phwong trinh f(x,y) vag(x,y) phaila dang cdp bac
k. f(x,y) vag(x,y) dang cdp back khi: f(x,y)=m*f(mx,my) vag(x,y)=m“g(mx,my).
Cich gidi:
* Xét x =0 thay vao hé c6 phai la nghiém hay khong.
f(xtx)=a [xXF(Lt)=a (1)

&

g(x;tx)=b  |x“g(Lt)=b (2)

va gidi phwong trinh nay ta dwgc nghiém t réi thay vao tim

*V&i x #0 dit y =tx thay vao hé ta c6 (*)@{

Ta thy hien 2 thi duge LD _ @
(2) g(Lt) b

duwoc nghiém (Xx,y).

Cau Il (1,0diém ).
Nguyén ham tich phan.

e (Cong thirc nguyén ham cin nhé :

o+l
x4t (ax + b)

+C I(ax+b)adx:—+0

a(oc+1)

Ix“dx:a+1
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J.idlen‘x‘jLC j 1 dx=éln‘ax+b‘+0

ax+b
J‘a"dx:i+C a™Pdx = - +C
Ina k.Ina
Iexdxzex +C J‘eaerbdX:leaerb +C
a

sinxdx = —cosx + C sin(ax + b)dx = —=cos(ax + b))+ C
] Jsin (s + b) dx = = cos ax + )
jcosxdx =sinx + C Icos(ax+b)dx-lsm(ax+b) C

a

1
.[COiQXdXZtanXJFC J.cos (aX+b)dX=;tan(aX+b)+C

2
.2
sin? x sin (ax+b) a

I 1 dx = —cotx +C J.;dx:—lcot(ax+b)+(]

Itanxdx = —ln‘cosx‘ + (

a

jtan(aerb)dX = —lln‘cos(ax+b)‘+C

a

Icotxdx =In ‘Sin X‘ +C jcot (ax + b) dx = lln ‘Sin(ax + b)‘ +C

f'(x
J.adx=ax+C J.%}(i))d}(:ln‘f(x)‘JrC
1 1 -
I—dx 24x +C J.XQ_ade:Zlni+Z+C

e Cac phwong phap tinh tich phan.

a. Phrong phép tich phan tirng phan.
du

= [f(x)efx)dx  dit =iy o Jdu=f

Jiele)ae  a {dv_g(x)dx {V=Ig(x)dx=e(x)
=T=uv| - Jvdu=t(x)c (x) - JG ) (x)ax

Dang 1:1 = zf(x).m(g(x))dx st {Z_i ((i ;X))
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a

¢ (x _ |u=sin(f(x
Dang 41 = [sin £ (x)) "l e dv:eg(X)c(lx))

I = Tcos(f(x)).eg(")dx sl cos £ (x))

" dv = eg(x)dx

Riéng dang nay ta nén tinh tich phan 2 lan nhw vy dé dwoc trd lai nhw dé réi = 1.

b. Phirong phap d4i bién sé.

Cac dang Cach dat
b, b, d
I= a’ —x°dx hoac I = x bat x = asint hodc x = acost
| =
b, b,
2 . 2 d
I:Ix/XQ—anxhoacI:f x Bétx:_ihoécX:i;
) M4&2_§ sint cost
b2
I=j\/a2+X2dX bit x =atant hodc x = acott
b,
b, b,
¢ /a+x . ¢ /a—x
I=I dx hO@CI=I dx Bétx:acoth
b, a—x b, a+Xx
bZ
Izj\/(x—a)(b—x)dx Pt x =a+(b—a)sin’t
bl
b, 1
I:I 5 - dx bat x =atant
pa +X

¢ Ung dung tich phan.

a. Dién tich gi&i han hinh phang.
Dang 1. Hinh phdng gi¢i han béi: Him s y =f (x) (C),truc hoanh (y =0) va hai dwdng thing
X=a,X=b.

b
—S= j [f (x)|dx c6 thé bé déu tri tuyét dSi dua vao db thi.

Dang 2. Hinh phdng gi¢i han béi: Ham s y=f(x) (C,);y=9(x) (C,)va hai duong thang
Xx=a,x=Db.

b
=S= Hf (x)-g (X)‘dx c6 thé bé dau tri tuyét d6i bang cach dwa vao do thi.

(x) (C2)

g
Giai phwong trinh hoanh db giao diém cta (C,) va (C,) < f (x) =g(X) = X, X,, X;...

Dang 3. Hinh phdng gi¢i han béi: Ham s y =f (x) (C,);
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=S= ﬁf (x)-9 (X)‘dx c6 thé bo d4u tri tuyét d6i bang cach :

X1

—=S= XJZ (f(x)—g(x))dx +T(f (x)—g(x))dx... hodc dwa vao db thi.

X1 X2

b. Thé tich v4t tron xoay.

b
Vat thé tron xoay gi¢i han boi y =f(x) (C) ,y=0;x=a,x=b xoay quanh Ox =V = nIfz (x)dx.

b
Vat thé tron xoay gi¢i han béi x =f(y) (C) x=0;y=a,y=b xoay quanh Oy = V = 7rJ'f2 (y)dy.
Cau lV (1,0diém ).
Hinh hoc khong gian.
e Kién Thirc Co Bin Vé Hé Thirc Lwong.

a. Hé thitc lrong trong tam gidc vuéng: cho AABC vuong & Ataco:
binh ly Pitago : BC? = AB? + AC?

BA?=BH.BC ; CA? =CH.CB A
AB. AC =BC. AH .Véi AH la duwong cao.
1 1 1
2 7 T 2 b
AH- AB° AC C
BC =2AM .V&i AM 1a dwong trung tuyén cua canh BC
) b c b C
sinB=—, cosB=—, tanB=—, cotB=— 0 a c
a a C b B H M
. ) b b
b=a.sinB=a.cosC, c=asinC=a.cosB, a=——= , b=c.tanB = c.cotC
sinB cosC
b. Hé thirc Iirong trong tam gidc thuong:
* Pinh ly ham s6 Cosin: a’ = b” +¢* — 2bc.cosA
a b C
* Pinh Iy ham s& Sin: —=——=——-=2R
e sinA sinB sinC

¢. Cdc cong thire tinh dién tich.
* Cong thirc tinh dién tich tam giac:

1 1 ) a.b.c
S==ah. ==absinC=——=pr=./p.(p—-a)(p—-b)(p-c
58N =2 T Jp.(p—a)(p—b)(p-c)

_a+b+c

2
Dac biét.

la nra chu vi tam giac la

*AABCvuong & A: S= %AB.AC

a’\3

4
* Dién tich hinh vuéng: S = canh x canh
* Dién tich hinh chit nhdt: S = dai xrong

* AABC déucanha: S=
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* Dién tich hinh thoi: S= % (chéo dai x chéo ngén)

* Dién tich hinh thang: S= % (day 1ém + day nho) x chiéu cao

* Dién tich hinh binh hanh: S = day x chiéu cao

* Dién tich hinh tron: S=n.R?

e Kién Thirc Co Ban Vé Hinh Hoc Khdng Gian.

A. QUAN HE SONG SONG

§1. DUONG THANG VA MAT PHANG SONG SONG

L.Dinh nghia:

Puong thdng va mat
phing goi 1a song song véi
nhau néu ching khong cé
diém nao chung.

a//(P)@am(P):® 14

/

I1.Cac dinh ly:

PL1: Néu dwong thang d
khéng nam trén mp(P) va

song song vOi duong
thing a nam trén
mp(P)thi dwong thang d

song song véi mp(P)

de(P)
d//a =d//(P)
ac(P)

=

song v&i dwong thing doé.

(Q)//a

PL2: Néu duong thang a a//(P)

song song véi mp(P) thi

moi mp(Q) chira a ma cat ac Q) —>d//a

mp(P) thi cit theo giao p ﬂ(Q):d /
tuyén song song vi a.

DPL3: Néu hai mat phang

cdt nhau cling song song (P)G(Q) —d

voi mot duwong thang thi

giao tuyén cta ching song (P) //a =d//a

=
\
/
|

[.Dinh nghia:

§2.HAI MAT PHANG SONG SONG

Hai mat phang dwoc goi la
song song v&i nhau néu
chung khong cé diém nao
chung.

(P)/1{Q) = (P)n(Q)=

%

£
A

I1.Cac dinh ly:
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PL1: Né&u mp(P) chira

hai dudng thing a, b cat
nhau va cung song song

V(’)*imp(Q)thi
(P) va (Q) song song
v&i nhau.

a,bc (P)
anb=1

a//(Q).b//(Q)

=(P)//(Q)

PL2: Néu mét duong
thang nam mot trong hai
mit phang song song thi
song song v&i mit phang
kia.

BL3: Néu hai mp(P) va
mp(Q) song song thi
moi mit phang mp(R)
da cat mp(P) thi phai cat

mp(Q) va cac giao tuyén

cta chung song song.

B.QUAN HE VUONG GOC

§1.DUONG THANG VUONG GOC VOT MAT PHANG

[.Dinh nghia:

Mot dwong thiang dwoc goi
la vubng goc véi mot mat
phing néu né vudng goc
vGi moi dwong thang nam
trén mat phang do.

aL(P)@aJ_C,VCC(P)

II. Cac dinh ly:

PL1: Néu dwong thing d
vuong goc voi hai dwong
thang cit nhau a va b ciing

nam trong mp(P) thi
dwong thiang d vudng goc
voi mp(P).

dladlb
a,bc(P)

a,b citnhau

=dL(P)

PlL2: (Ba dwong vudng
goc) Cho duong thang a
khong wvubng goc vabi
mp(P) va dudng thiang b
nam trong mp(P). Khi do,
diéu kién cin va da dé b
vuong goéc véi a la b vuong
g6c voi hinh chiéu a’ cia a

a L (P).bc(P)
blacbla'
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trén mp(P).

§2.HAI MAT PHANG VUONG GOC
L.Dinh nghia:

\ Hai mat phang dwoc goi 1a vudng géc véi nhau néu gdc gitra ching bang 90°.

II. Cac dinh ly:

PL1: Néu mot mit phang

chira mot dwong thing .
Vuct)ng goc v&i mot mat al (P)

phdng khac thi hai mat - (Q) 1 (p)

phang d6 vuong gbéc vai ac (Q)

nhau.

PL2: Néu hai mp(P) va ﬁ

mp(Q) vudng gbéc voi a
nhau thi bit c& dwong (P) A (Q) =d=al (Q)

thiang a nao ndam trong

(P), vubng gbéc véi giao ac (P),a 1d

tuyén cta (P) va (Q) déu I

vudng goc véi mit phang

Q.

bPL3: Néu hai mf(P) ﬁ

vamf (Q)vuéng géc véi (P)L(Q) .
nhau va A 13 mot diém A
trong (P) thi duwong Ae (P) —~ac (P)
thing a di qua diém A va Aca
vudng goc voi mf (Q) sé
‘P/H

—
)
~—~—
|_
—_
L

Py

ndm trong mf (P). al (Q)

PL4: Né&u hai mit phiang

cit nhau va cung vudng (P)ﬂ Q) _
P

géc véi mat phang thi
ba thi giao tuyén cua (

;}}lll;rrllg :}Tgr;)g&géc v&i mat ) (Q))JJ‘_<R> —al (R) /R—l/\l /

§3.KHOANG CACH

1. Khoang cach tir 1 diém téi 1 dwong
thang, dén 1 mit phang:

Khoang cach tir diém M dén dwong thang
a (hoac dén mp(P)) la khoang cach giira
hai diém M va H, trong dé H 1a hinh chiéu
cia diéfm M trén dudong thang a (hoic H 'l
trén mp(P))

d(0; a)=OH; d(0;(P))=OH
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2. Khoang cach gitta dwong thang va mit
phang song song:

Khoang cach giita dudng thing a va
mp(P) song song v&i a la khodng cach tir
mot diém nao do6 ctia a dén mp(P).

d(a;(P)) =Q0OH

3. Khodng cach giita hai mit phing song
song:

La khoang cach tir mot diém bat ky trén
mit phang nay dén mit phang kia.

d((P):())-on

4, Khoang cach gitta hai dwong thang
chéo nhau:

La d6 dai doan vudong géc chung cua hai
dwong thang do.

d(a; b) =AB

1. Goc gii¥a hai dwrong thing a va b

La goc gitra hai dwong thdng a va b cung
di qua mot diém va lan lwot cuing phwong
vOiavab.

2. Goc giifa dwong thang a khdong vudng
g6c véi mat phing (P)

La goc giita a va hinh chiéu a ctia né trén
mp(P).

Pdc biét: Néu a vudng goéc véi mp(P)thi
ta ndi rang goc gitta dudng thang a va
mp(P)la 909.

3. Goc gita hai mit phang
La goc gitta hai duwong thang lan luot
vudng gbc véi hai mat phang do.

Hodc 1a gbc giita 2 dwong thing nam
trong 2 mat phang cung vudng goc v&i
giao tuyén tai 1 diém

Q

4. Dién tich hinh chiéu: Goi S 1a dién tich
cia da giac (H) trong mp(P) va S 1a

dién tich hinh chiéu (H')cta (H) trén
mp(P') thi S'=Scos¢

(trong d6 ¢la goc gitra hai mp(P)
vamp(P')).
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